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The aim of this addendum is to announce improvements in the results from \[[@CR3]\] . We start with sharpening of Theorem 2 \[[@CR3]\].

Theorem 2A {#FPar1}
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                \begin{document}$$X:=\sqrt{f(N)}$$\end{document}$, we have the inequality$$\documentclass[12pt]{minimal}
                \usepackage{amsmath}
                \usepackage{wasysym} 
                \usepackage{amsfonts} 
                \usepackage{amssymb} 
                \usepackage{amsbsy}
                \usepackage{mathrsfs}
                \usepackage{upgreek}
                \setlength{\oddsidemargin}{-69pt}
                \begin{document}$$\begin{aligned} \sum _{n=1}^N \tau (n^2+2bn+c)&\le \frac{2}{\zeta (2)}L(1,\chi ) N\log X \\&\quad + \left( 2.332L(1,\chi )+\frac{4M_\delta }{\zeta (2)}\right) N+\frac{2M_\delta }{\zeta (2)} X\\&\quad +4\sqrt{3}\left( 1-\frac{1}{\zeta (2)}\right) M_\delta \frac{N}{\sqrt{X}}\\&\quad +2\sqrt{3}\left( 1-\frac{1}{\zeta (2)}\right) M_\delta \sqrt{X} \end{aligned}$$\end{document}$$where $\documentclass[12pt]{minimal}
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                \begin{document}$$\begin{aligned} M_\delta =\left\{ \begin{array}{ll} \frac{4}{\pi ^2}\delta ^{1/2}\log {4\delta }+1.8934\delta ^{1/2}+1.668, &{}\quad \mathrm{if }\,\, \delta >0;\\ &{} \\ \frac{1}{\pi }|\delta |^{1/2}\log {4|\delta |}+1.6408|\delta |^{1/2}+ 1.0285,&{}\quad \mathrm{if }\,\, \delta <0. \end{array}\right. \end{aligned}$$\end{document}$$
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Corollary 3A {#FPar2}
------------
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Just as in \[[@CR2], [@CR3]\], we have an application of the latter inequality in estimating the maximal possible number of $\documentclass[12pt]{minimal}
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Corollary 4A {#FPar3}
------------
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The improvements announced above are achieved by using more powerful explicit estimates than the ones used in \[[@CR3]\]. More precisely, the results are obtained when instead of Lemma 2 and Lemma 3 from \[[@CR3]\] we plug in the proof the following stronger results.

Lemma 2A {#FPar4}
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Proof {#FPar5}
-----
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The following numerically explicit Pólya--Vinogradov inequality is essentially proven by Frolenkov and Soundararajan \[[@CR1]\], though it was not formulated explicitly. It supersedes the main result of Pomerance \[[@CR5]\], which was formulated as Lemma 3 in \[[@CR3]\].

Lemma 3A {#FPar6}
--------
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Proof {#FPar7}
-----
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Then we have a look of the maximal possible values of $\documentclass[12pt]{minimal}
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